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Let ffl and J^i be Hilbert spaces, L(^f, 3f\) the set of all densely defined linear operators from Jf toJ^i, and 38 (ffl, ffl\) its subset of bounded ones.
Let T*, 3?(T), 3 (T), [T] and a(T)
denote the adjoint, range, domain, closure and spectrum of T respectively. Ri(z) will denote the resolvent (z -T f ) _1 .
In [5] the following result was obtained:
THEOREM. Let T {) £ L(J4?,J4?) be a spectral operator of scalar type with spectral resolution E 0 (A) such that a (To) is contained in a finite collection of smooth curves r. Let A £ L(^f\,^f)
and B Ç L(^f,^fi) satisfy the following assumptions. Remark. In [5] S was, quite unnecessarily, taken to be finite. The purpose of this note is to apply this result to a class of non-self adjoint partial differential operators.
A, :9(B) D3(T 0 ),3(A*) D 3(T 0 *) = 3(T 0 ),3?\B) C 3(A).

A2 : 7\ = To + AB defined on 3 (To) is closed. A, : For Z 0 a(T 0 ), BR 0 (z) 6 38 (tf, tf x ) and A*R 0 (z)* £ 38(tf, Jf\) are analytic in z and assume boundary values as z -> V in the following sense. There is a real number r and a subset $ of Y, such that, for any interval
For the unperturbed operator we take an operator with constant coefficients. Let P = J2\i\<kttiD\ where the a t are functions of x. P can be written as a product P = AB by ordering all partial derivatives up to order k in some manner and letting A be the operator from J^i, a product of
, toJ^f and B be the operator from Jf 7 to J^\ given by
we obtain the following lemma.
LEMMA 1. The operators A, B and T {) satisfy conditions A] and A 2 if
Proof. Theorem 4.5 of [9] , Chapter 6 is applicable. In fact P and
It is clear that, fors # <r(7^( ) ), £#0(2) and A*R<>(z)* belong to^^jTO and that BR 0 (z)A = Qo(z) is closed and bounded, in fact compact. All these operators are analytic in z for z # cr(T {) ) and (7 -Ço(s)) -1 
exists if and only if s $ <T(1\).
Assumptions A-i and A x concern the behaviour of these operators near the spectrum T which is on the real line.
The operator RQ(\) may, for X (? T, be written
and each entry of the matrix BR 0 (\)A is given by
•J R n Clearly, all of these operators are bounded and analytic in X for X (f T but exhibit a singularity of the Cauchy type for X Ç T. ). If / is restricted to E 0 (A)2if,f has support in p~l(A) and we may make the change of variable in the integrals so we can write:
IQoWUix) = /3,(x) f r Q^f -dp 
\\-n/rn d\ £K\\f
Multiplying by \(3j(x)\ 2
, integrating with respect to x and using Fubini's theorem we obtain that:
Similarly we obtain, noting the absence of the terms y\ that, if m ^ 2w, Proof. Qo(z) is compact analytic for X (? T, thus (/ -Qo(z))~l, if it exists anywhere at all, exists everywhere for X Ç T except perhaps at an isolated set of points with no accumulation point outside T. 1\ is not self adjoint in general and the singularities of (/ -Qo(s)) -1 outside T make up the point spectrum of Ti outside T. To restrict the singularities on T itself we make use of the additional assumptions. The entries of Qo(z) are of the form:
so that Q(x, p) is differentiable and Qo(z) and its continuity near V can be estimated in terms of Holder-norms. and for jpi -p 2 \ < 1
Thus \Q(x, .)| fliM is finite for any 0 < 0 < (m -k -n)/m and ix < 1. It follows that G(x, X) and thus Ço(X) can be extended continuously onto r (with in general different values on opposite sides). In fact Ço(X) is continuous in the uniform topology so that, also for X £ I\ Qo(\) is a compact operator. Furthermore, ||Qo(X)|| -» 0 as |X| --> oo on T as well as off T so that (/ -(2o(X)) _1 exists for |X| sufficiently large.
Except near the limit points on T of the point spectrum of J\ outside I\ Lemma 6.2 of [6] applies and the conclusion of Lemma 3 follows.
Our results are collected in the following theorem:
where p(x) is a polynomial of order m with real coefficients. Let P be the operator 
Remarks. 1. The restrictions on the dimension n of the underlying Euclidian space and the order of the differential operator appear somewhat artificial but seem unavoidable in the arguments presented. Restrictions of a similar nature may be found in [4] or [7] . On the other hand, no such limitation appears e.g. in [3] , [10] or [11] . Results there pertain mostly to perturbations of the Laplacian, self-adjoint perturbations or those whose coefficients have compact support.
2. If we assume that the coefficients a t decay exponentially at oo, it follows by arguments similar to those in [7] that outside of a neighborhood of the points where grad p • y = 0, Ço (A) may be analytically continued across T so that there are only a finite number of singularities.
3. The result may be slightly extended to nonelliptic operators. The conditions on p(x) and the perturbation P are then given as in [9] , chapter 5 to insure JYcompactness. It would seem that the result may be further extended to p{x) nonreal and T a curve in the complex plane, but the appropriate analogue of the Hardy-Littlewood result on the singular integrals is not clear.
